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A general formalism for double and triple spin-correlations of the reaction NN — AN is developed
for the case of collinear kinematics. A complete polarization experiment allowing to reconstruct all
of the four amplitudes describing this process is suggested. Furthermore, the spin observables
of the inelastic charge-exchange reaction pd — A0(pp)('So) are analyzed in collinear kinematics
within the single pN scattering mechanism involving the subprocess pn — A%p. The full set of
spin observables related to the polarization of one or two initial particles and one final particle is
obtained in terms of three invariant amplitudes of the reaction pd — A(pp)(*So) and the transition
form factor d — (pp)(*So). A complete polarization experiment for the reaction pd — AO (pp)(*So)
is suggested which allows one to determine three independent combinations of the four amplitudes
of the elementary subprocess NN — AN.

PACS numbers: 13.88.+¢, 13.75.Cs, 14.20.-c

I. INTRODUCTION

The A(1232) isobar is a well established nucleon resonance with spin-parity j™ = %+ and isospin I = % Due to

its coupling to the nucleon-nucleon (NN) system via the transitions NN — AN and NN — AA this resonance
plays an important role in the dynamics of the NV interactionﬁ%, E, B, E, E, , ﬁ] as well as in electromagnatic and
pionic processes involving the NN system, cf., e.g., Refs. B, d, | and references therein. For example, unpolarized
cross sections of m-meson production at energies of several hundred MeV in many reactions involving the NN — NN
system can be reasonably described by using theoretical models with the A-excitation explicitely included m] But
even near the pion-production threshold the contributions from NN — AN transitions are essential for a quantitative
description of the reaction NN — NN« ﬂﬂ, E, E] Also an important part of three-nucleon forces can be related to
the A-isobar excitation, as is widely discussed in the literature, see, for example, Refs. m, [, [id, |ﬂ] These forces
allow to remove the so-called Sagara descrepancy m] in the unpolarized nd elastic cross section in the region of the
minimum of the cross section [19, m] at beam energies 60-200 MeV. The contribution of these forces increases with
beam energy, since the intermediate A-isobar comes closer to its mass-shell, and they dominate the unpolarized cross
section of pd elastic backward scattering at 400-600 MeV, as is seen from model calculations m, m, Iﬁ] Finally,
the influence of the A-excitation was shown for in-medium three-body forces too where the A generates an repulsive
effective interaction [24, 24, 26].

Despite of this important role one has to concede that the spin dependence of the NN — AN transition amplitude
is not yet well known. Indeed the NN — AN amplitude was studied in several experimental m, P, E] and
theoretical papers ﬂE, B1, B3, m] However, though a rather satisfactory overall description of available data at
intermediate energies could be achieved, there are several unresolved problems concerning specific spin observables in
the NN — NA transition E] Also, while three-body forces related to the A contribution are capable of explaining
the unpolarized pd — pd cross section, corresponding investigations of polarization observables show no systematic
improvement when such three-body forces are included ﬂﬂ ﬁ @] Improved information on the spin dependence of
the NN — AN amplitude might allow to shed light on this issue too. Furthermore, a better knowledge of the spin
dependence of the NN — AN amplitude might be useful for understanding the remarkable variation in the energy
dependence of the spin-dependend pp cross sections Ao m, B34, m] and Aoy, m], at beam energies 600-800 MeV.
This variation is considered by some authors [41, k9] as an indication of dibaryon resonances (for a review see [4d]).
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But since the observed structure lies in the proximity of the nominal AN threshold it could be closely linked with
the properites of the NN — AN and/or NA amplitudes [30, 44, 45].

The general binary reaction NN — AN is described by 16 independent spin amplitudes and the determination of
all of them is an extremely complicated and challenging experimental task. In collinear kinematics, however, the spin
structure of any binary reaction is simplified considerably because only a single physical direction exists in this case,
namely the direction of the beam momentum. As a consequence, the number of invariant spin amplitudes describing
the reactions reduces drastically. A similar simplification occurs in the threshold regime with the s-wave dominance
in the final state of the reaction. Under these conditions it seems rather realistic to perform a complete polarization
experiment for the process NN — NA and, as a result, provide stringent constraints on the pertinent transition
amplitudes. Note that the analysis of polarization effects in collinear kinematics with explicit axial symmetry cannot
be considered as a limiting case of the general formalism developed for binary reactions where the scattering plane
is well defined [46]. For the case of collinear kinematics the corresponding analytical expressions have to be derived
anew. For example, for backward elastic dp scattering the formalism was developed in [47]. The near threshold
formalism for polarization phenomena has been recently documented in Ref. [46].

The main goal of this paper is to derive the formalism for spin observables of binary reactions of the types % + % —
% + % and % +1—- % + 0 in collinear kinematics and to find on this basis the corresponding complete polarization
experiments which would allow one to measure all invariant amplitude describing these processes. For this aim we use
the technique of Clebsch-Gordan coefficients [48] applied recently for collinear kinematics of a binary reaction in Ref.
[49] (see for details also Ref. [5(]). Our phenomenological analysis of the reactions NN — AN and pd — A(pp)(1So)
is model-independent and based only on parity and angular momentum conservation. However, in addition, for the
reaction pd — A(pp)(1Sy) we develop also a model within the impulse approximation. This allows us to connect the
three invariant spin amplitudes of the reaction pd — A(pp)(1Sy) with the four invariant amplitudes of the process
NN — AN. As aresult, the knowledge of all three independent amplitudes of the reaction pd — A(pp)(*Sp) obtained
from a dedicated complete polarizations experiment for this reaction allows one to determine the three independent
combinations of the four amplitudes of the reaction NN — AN. Earlier, in Ref. [51] a similar formalism was developed
for the charge-exchange reaction dp — (pp)n. This formalism was succesfully applied for the determination of some
of the spin-flip amplitudes in the quasi-free charge-exchange scattering pn — np |52, |53].

The paper is organized in the following way. In section 2 we present the general formalism for spin observables
of a binary reaction in collinear kinematics. In section 3 we present the full set of spin observables for the reaction
% + % — % + % and suggest a complete polarization experiment for this reaction. Section 4 deals with the reaction
% +1 — % + 0. A complete polarization experiment for this reaction is described in subsections 4.A and 4.B
considering a transversally as well as longitudinally polarized beam. The relations between the amplitudes of the
reactions pd — A%(pp)(1Sp) and pn — Ap are given in subsection 4.C in the impulse approximation. Within this
approximation we find formulae for three independent linear combination of the amplitudes of the reaction pn — A%
in terms of the invariant amplitudes of the reaction pd — A°(pp)(1Sp) and transition form factor d(®>S; —3 D1) —1 Sp.
In the Appendix formulae for spin observables of the reaction pd — A°(pp)(1Sy) are given.

II. FORMALISM

The most general expression for the amplitude of the binary reaction 1+ 2 — 3 + 4 in collinear kinematics can be
written as [54]

The it = (pa, po| Fluspa) = Z (J1p1 Japz|SiM;) x
S»; Mi Sf Mf Lm
X (Japua ja pual Sy Mg)(Si My Lm|Sg Mg)Ypm(k)ag™ . (1)

f

Here ji and p are the spin of the kth particle and its z-projection, S;(Sy) and M;(My) are the spin and its z-
projection for initial (final) particles. The summation over the total angular momentum and orbital angular momenta
in the initial and final states is included into the definition of the invariant spin amplitudes agfi (see Ref. [50]). The

orbital momentum L in Eq. () is restricted by parity conservation via (—1)L = mmwom3 s, Where m; is the intrinsic
parity of i-th particle.

The triple-spin correlation coefficients for the case of two polarized initial particles and one polarized final particle
can be determined as

ol M: _ T T BV Ty, (1) Ty, (2) F}
J1 My, T2 My TrFF+ ’

(2)



where F is the transition operator determined by Eq. (ll), and Ty, s, (i) denotes the tensor operator of rank Jj and
magnetic quantum number My (M = —Jg, —Jx + 1, -, J) for the #th particle. This operator is normalized as

T?“TJM+TJ/M/ :5JJ/5M/M. (3)

Using Eqgs.([M), @) and properties of the operators Tyas (see, for example, Ref. [56]), one can find the following formula
i
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Due to the presence of the Clebsch-Gordan coefficient (L'0L0|J30) in Eq. @) and parity conservation only even J|
contribute to the right side of Eq. (#)

L+ L' +J; is even, Jj is even. (5)
The coefficient K :,’13 %13 7, M, 18 nonzero only for My + My + Mz = 0. From Eq. @) one can find the following property

J3 —M3 _ J1+J2+J3 JS M3
KJl —My,Jo —Ms — (_1) KJl My,Jz Ma* (6)

Eq. (@) shows that, in the particular case of My = My = M3 = 0 only an even sum of J; + Jo + J3 is allowed for
nonzero triple correlations.

Eq. (@) is rather general and describes also double spin correlation if the rank Jj, for one (initial or final) particle is
zero and it gives tensor polarizations (or analyzing powers) for Ji > 1 if the ranks of the two other particles are zero.

IIT. THE REACTION NN — AN

For the reaction NN — AN in collinear kinematics only four invariant amplitudes agfs" are allowed by parity and
angular momentum conservation:

20 21 21 01
Blzaz ,32:a2 7.83:(]/1 7B4:a1 5 (7)

where Bj results from the initial spin-singlet state and the other amplitudes are from the spin-triplet state.

A. Spin observables

The unpolarized cross section can be written as

dog = — - TrFFT, 8
T 2+ D) (22 + 1) ®)
where
1
+ / LS |2
TrFF" = — S;L@S +1)]ak?| (9)

and ® is the phase-space factor.



Using Eq. @) one can find the full set of spin observables of the reaction NN — AN as

1
K102 = Z(_5|Bl|2 +5|Ba|* + |Bs + V2B4|* — [V2B3 — By|?), (10)
1
K, %= Z(5IBll2— |V2B3 — Bu|?), (11)
KigoZ = 3 [3\/_|B2|2 + V5|Bs + V2B4|* + 2V3ReBj (B3 + V2B4) — AReB; (V2B3 — By)], (12)
1

K30 002 = g[ 10| B1|? = 5|B2|* + 2v15ReB; (B3 + vV2B4) — 2|V2B3 — Baf* + |Bs + V2Bu|? } (13)

1
K38 = 5 [10|Bl|2 — 5|B2|> + 2V15ReB;(Bs + V2By) + 2|V2B3 — By|* + | Bs + \/§B4|2] (14)
Kll 1-1 = K?? 1-1 (15)
Kihs= —[ 5V6| Bs|> — 2V10Re B3 (B; + V2B4) + V6| By + v2Bu|? ] (16)
SOEE {—2\/5|BQ|2 + 6Re B (V3B; — Ba) + 2v/3Re B} (Bs + V2B1)) (17)

1

K3 00S = 1 {—2\/5ReBl B} + 4ReB}(V2Bs — By) + 2V3ReB; (Bs + \/§B4)} : (18)
EZ5|Bl|2+5|32|2+|Bg+\/§B4|2+|\/§Bg—B4|2). (19)

For observables with the sum J; + J; + J3 being odd (i.e. T-odd observables) we find the following formulae:

f

K33 % = —=ImBy(B; + V2By)", (20)

K¥ 15 = ;ImBl(ﬁBg — By)*, (21)

K1111,1—1 = K1391,11 (22)

K0S = i V5ImBy By — V3ImB1(Bs + V2By)* + 2ImBa(v/2Bs — B4)*}, (23)

K23 % = —6[ 10V/2ImB, BS + 2\/_Im(B3 + V2B4)(V2Bs — By)* — 2v/30ImB; (Bs + V2By)* +

+2v/10ImBy(V2Bs — 34)*] (24)

One can see that the amplitudes B3 and B, enter the above formulae for observables only in the two combinations
Bg + \/§B4 and \/§B3 — B4.

B. Complete polarization experiment

In order to determine completely the matrix element of this reaction one has to find four moduli of the amplitudes
and three relative phases (the overall phase is arbitrary). The choice of a minimal set of experiments is not unique
and depends on the experimental conditions. Here we describe one possible minimal set.

We use here and below the following relations:

Re ay CL; = |a1||a2|cos(¢a1 - ¢a2)a Imay CL; = |a1||a2|5in(¢a1 - ¢az)7 (25)

where ¢,, is the phase of the amplitude a; (i = 1,2). The four moduli |B;|?, |Bs|?, | Bs + v/2B4|? and |v/2Bs — By|?)
can be found from Eqs. ([), (), (3) and ({8 in the following form

|Bl|2 = {é(ng,lo Kggoo) + K11 1— 1}27 (26)

|Bs|* = {1+K00 00 — VOKT1 T — 3K{0 10}27 (27)

|\/_BS - B4|2 = {ng,lo - Kgg,oo 2K11 1— 1}2, (28)

|Bs +V2Bu|? = {1+3K00 o0 — Ki010 + V6K, 11}27 (29)



where ¥ is given by Eq.([[d) and can be written as

S — 4nTr FF+ = 207490

(30)
Thus, a measurement of the observables doo, K{{,_1,K30 0, K12f 1, and K3G oo is sufficient for determining those
moduli. Simultaneously, one can find from these observables the value of ReB3(Bs + v/2B4). In order to determine

ReBj(v/2B3 — By) one could measure K f’&oo in addition to the above observables. As a result, for the two real parts
we find the following

* X —
ReBy(Bs + V2By)* = ﬁ{\/é(KIQSJO + Kgg,oo) - 2K121,fl}7 (31)
1
ReBy(V2By = Ba)* = S=={ VB +20K38 oy — 2B K38 o + 3K70 10) }- (32)

Furthermore, a measurement of the two T-odd observables K io’f $ and K i”?m allows us to determine ImBo(Bs +
V2B,)* and ImBy(v/2B3 — By)*, respectively, as it seen from Eqs. (20) and 1. Note that if the modulus and the
real part of a complex number is known, then it would be sufficient to measure only the sign of the imaginary part
in order to determine the phase of this number. Thus, measurement of the T-odd observables will not require a high
accuracy. The knowledge of the real and imaginary parts of the products Bi(v/2Bs — By)* and By(Bs + v/2By)*
completely determines the relative phases ¢p, — ¢, 55, g, and ¢, —dp_, 5p,. The last relative phase, for example,
Kk = ¢B, — ¢p,,y3p,> can be found by a measurement of the observables K io’l_ 1o and K ?1_ do- Indeed, one can see
from Egs. 3) and ([[8), that this measurement provides two linear equations for the two unknown variables sink
and cos k.

Thus, a complete polarization experiment in this version requires to measure ten observables: doo, K7, _1,K7§ 10,

2-2 20 30 31 3-2 30 3—-1
K111, Ko,000 Kio,000 51,000 Ki1115 KiZ111 and Kiq 1o

IV. THE REACTION pd — A°(pp)(*So)

S
f

For the reaction pd — A°(pp)(1Sp) in collinear kinematics the following three invariant amplitudes aé * are allowed

by parity and angular momentum conservation:

[N

,Ag =a 5 (33)
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In order to determine a strategy for a complete polarization experiment we derive here all non-zero double and triple
spin observables, which are given in Appendix A. (Note that some observables are not presented but can be easily
derived via Eq. (@)).) In the subsequent discussion of a complete polarization experiment we consider a particular
case, namely those observables which require only transversally polarized particles in the initial state. The case with
longitudinal polarizations is considered below separately.

A. Determination of the matrix element in measurements with transversally polarized beam and target

Using the following six observables, doo, K{§ 20, K11 11, K30.00s Kgo_,2117 and K335 o, one can find moduli of the
three amplitudes |A;|?, |A2]?, |A3]? and cosines of two phases:

|A1 > = 1o + (34)
|Az? = -C— ZE —

|As)? = —=C — - —

R€A1A; = —D +

ReA1A§ = —



where

6mdog

Iy = |Ai + [Ao|* + |As]? = nTrFF* = P

E= {4K?91,11 Kggzo lo, (36)

2
3

75

4
C:{EK&% 2 \/— 0021
4

D = _E{Kggz—z + Kg&,%l}fﬁ
2.1

In order to find the sines of these phases one should measure the three T-odd observables Koo 115 K71,00, and K%, .
With those observables one obtains

j
F= { = ‘Kv(())(()J 20 2\/_‘KVOO 00 1}‘[07
3

IO7

. N 1 _ 1 _
iImA; A5 = _2{K10?,271 - 7§Kgo,111 + ﬁKlzl,éO}I(J’ (37)
1 _ 1 _
iImAL AL = 2{Ku -1t \/§K§0,111 - ﬁKfl,éO}I(J’

Note that for the sum J; + J2 + J3 being odd, the value of K jfﬂﬂf[[f 7.0, 18 purely imaginary. The Cartesian components
of these coefficients are purely real [5(]. Again, only the signs of the imaginary parts of ImA; A5 and ImA; A} are
required. Thus, one needs nine observables related to transversally polarized beam and/or target in order to completely
determine the three spin amplitudes of the reaction pd — A°(pp)(*Sp).

B. Determination of the matrix element by measurements with transversally and longitudinally polarized
beam and target

Measurements with longitudinally polarized beam/target allows one to diminish the number of observables in a
complete polarization experiment as compared to measurements with transversal polarizations. For example, using
Iy and the longitudinal spin correlation parameter K99 10,10 from Eq. [A3) together with the transversal observables
K171,117 K00,2717 K001272, given by Eqs. @), (&), (AID) and (A20), respectively, one can find three moduli |4, |2,
|A2|?, and [A3]?. In addition, a measurement of the coefficient K3 oy given by Eq. ([AI3) allows to determine the
cosmes of three phases from Re A1A3, Re A1 A} and Re A;Aj. Finally, a knowledge of the two T-odd observables
Koy and K{1 o, presented by Egs. (A38) and ([(A3J), gives Im Ay A} as

. . g4 2,
ilmA; A7 = { \/§K0011+ ﬁKngO}IO. (38)

In view of the following relation between the relative phases, ¢23 = @13 + ¢21, where ¢;; = ¢; — ¢; and ¢; is the phase
of the amplitude A; (i = 1,2, 3), one can determine unambiguously the three complex numbers A;, A and Az from
the above eight observables.

C. Impulse approximation for the transition amplitude

Assuming that single pN scattering (see Fig. [ll) dominates in the reaction pd — A°(pp)(1Sp) one can express the
transition amplitude of this reaction in terms of invariant amplitudes of the elementary subprocess pn — A% in the
following way:

ME2, (pd — A°(pp)is,) = —2y/m Z up2 1p|00) x

Hp Hn



1 1 1 3
—to=n|SM)(= — t,— JM ) (SM;LO|JM
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< S gt + )01y 1)~ N2 R L@ 20l on — A%) (39)

Here pg, A and pa are the z-projections of the spins of the beam proton, deuteron and A-isobar, respectively, and m y
denotes the nucleon mass. S;(Q/2) (I=0 and 2) are the transition form factors d(>S; —2 D1) —! Sy at the momentum
Q transferred from the beam proton to the final A isobar,

51(Q/2) = / " j(Qr/ 2l (), (40)

where ug and us are the S- and D-components of the deuteron wave function normalized by

/OOO drr?[uo(r)? + ua(r)?] = 1, (41)

The NN scattering wave function in the 'Sy state is normalized at r — oo as

_ sin(kr +9)
Y () — T — (42)
where k is the momentum of the nucleon in the cms of the NN system and § is the 1.5y phase shift.
0
p A
N
1
PP("Sy)
d p
FIG. 1: The single scattering mechanisms of the pd — A°(pp)(*So)n reaction.
Using Eq. () one can find the invariant amplitudes ([B3]) from the following relations:
Vo _
4 =1 (a3 = van %), (43)

\ \/7 +3/2 +172 L o 10
Ay = —( M2 LM —M )
2 2 +,0 + \/5 +,—

67T +3/2 IR S
\/7M —Mio = M )v
where the lower indices in MLAA correspond to the proton (2u, = +1) and deuteron (A = +1,0, —1) spin projections
on the z-axis. The above amplitudes are related to the unpolarized c.m.s. cross section by

do I psl 2 L ps 1 2 2
o = g X AR = s L LA + Al + AsP) (a4

G'p;>\7)\A

where s denotes the invariant mass of the pd system and p; (py) is the initial (final) momentum in the c.m.s. of the
binary reaction pd — A°(pp)(1S).



Using Egs. M), B9 and {E3) one can find

Ay = VG {6\/_50 B — (V3080 + 10v/355) By — (3V/2S — 6v/555) B3 — 6@5234},

1927
Ay = 6{ {5\fs2 B — 5v/38, By +1/55,Bs — 45034}

6
As = 1‘9€ {15f Sy By — (23050 + 5v/355) By + (6v/2Sy — 3v/555)Bs — 6\/ES2B4}. (45)
Solving the system of equations Eq. (@), one can find finally the following combinations of four amplitudes of the
process pn — Ap

16m

Vi5

327
V5B, — V3B; = NGl

V3B; — V2B, = 1\6;{(sz0 4+ V5S2) Ay — 3V5S52 A5 — (V2Sp — \/—SQ)Ag}/Y, (46)

By = {(552 +v/10S0) Az + 585(As — \/—Al)}/Y,

{\/—Sz(Al + A2) + (V2S, + \/gSQ)Ag}/Y,

where
Y =252 + V108,85, — 1053 (47)

As one can see, the amplitudes By, 5By — \/§B3, and v/3B; — V2B are determined by the three invariant amplitudes
Ay, Ay, Az, the form factor Sy and the ratio r = S5/Sy. The amplitudes A, As, Az can be measured by the complete
polarization experiment described by Eqs. B4)-@). The transition form factor Sy and the ratio S3/Sy are reasonably
well constrained by existing NN data at moderate transferred momenta @ < 300 MeV/c (corresponding to the kinetic
energy of the proton beam of T}, > 800 MeV)

V. CONCLUDING REMARKS

We have developed a general formalism for double and triple spin-correlations of the reactions NN — AN and
pd — A%(pp)( 1Sp) in collinear kinematics in terms of, respectively, four and three independent spin amplitudes,
describing these reactions. A complete polarization experiment is suggested for the reaction NN — AN. One possible
set of observables is found in Eqs. Z8) - B2), (I¥), @0), @) and 3)) which includes seven T-even observables and
three T-odd ones. For the reaction pd — A%(pp)( 1Sy) a complete polarization experiment is described in Eqs. (&4 -
[BD) in terms of nine observables related to transversally polarized initial particles. We showed also that longitudinal
observables used in combination with transversal ones could reduce the total number of required measurements for
a complete polarization experiment. On the basis of the impulse approximation for the reaction pd — A°(pp)( 1So),
three combinations of the invariant amplitudes of the process pn — A®p are expressed in Eqs. ([@f) and (@) in terms of
the invariant amplitudes of the reaction pd — A°(pp)( *Sp). The formalism can be applied to the planned spin-physics
at COSY [57]. In particular, the applicability of the impulse approximation for the reaction pd — A°(pp)( 1Sp) is
expected to be valid at beam energies sufficiently high above the threshold, i.e. for T > 1 GeV, because then the
transferred momentum is with @ < 250 MeV /c fairly small. Several spin observables which are necessary to perform
the complete polarization experiments for the reactions NN — AN and pd — A%(pp)( 1Sp), require a measurement
of the polarization of the final A. Such a measurement can be performed by measuring the angular distribution of the
final particles in the decay A — 7w+ N, which are determined by the spin-density matrix of the A isobar [53]. Some of
the spin-density matrix elements and single spin-correlations, measured in the reaction pp — At +n at beam momenta
3-11.8 GeV/c, were presented in Ref. [21]. Besides of physics related to the A excitation, obviously this formalism

can be applied to other baryon resonances with the spin-parity J™ = %Jr, in particular, to reactions involving the
production of the ¥*(1385) baryon.

Acknowledgments

We are thankful to C. Wilkin who initiated this work. J.H. acknowledges instructive discussions with A. Nogga.
Yu.U. thanks the Institut fiir Kernphysik at the Forschungzentrum Jiilich for its hospitality during the period where
part of this work was done. This work was supported in part by the BMBF grant WTZ Kaz-01/02 and the Heisenberg-
Landau program.



Appendix A

Here we present the full set of nonzero spin observables for the reaction pd — A°(pp)(*Sp) in collinear kinematics.

Using Iy determined by Eq. BH), one can find from Eq. @)

1 -
K%, 11 T = 57 [41A411% = 20 4s? — 21 Ag|? + 2Re(A1 A5 — ArAj + 24543

2f[

00
Koo,20 Io =

1 -
K810 o = =75 [21A41[* = [Aaf? — | As|? — 2Re(A1 43 — A1 A5 +242.45)]

\/— * * * T

Kifoofo = 3 [|Al|2 5|As|? — 5| A3)? — ARe(Ay A — AL AL + 245 A%)
K010 = i = (20412 + 5|42l + 5| Aol + 2Re(— A1 A + A1 A3 + 44247
KT \/_[4,42 [ As|? — 2| As|? + 2Re(Ar AL — AL A% — TALAY)]
10,20 10 = ~ 75 | A |As| |A3|” + 2Re(A1 A3 1Az 2 3)_
1-1 _ V10 2 2 2 _ * * _ ]
K1_1722 IO = 60 4|A1| + |A2| + |A3| + 2R€( 2A1A2 + 2A1A3 A2A3)

V5 . . ]
Klng_lIO:_GO[ 204112 + Azl + [ As]? — Re(A1 A3 — A1 A7 + 242.43)]
KUh o = YIOT41A 2 + [ Aol + T A3 + Re(1441 A5 — 241 A7 — 84, 43)]
11,2010 = o |A1]" 4 [A2]” + 7| A3]” + Re(144, 1 2 3)_

* * * T

KL o0l = 1”80 [2|Al|2 + 5|42 — |Asf? = 2Re(A1 A5 +5A145 + 24243)
\/_ * * * T

Kioa-11o = 120 [8|Al|2 10|A2|2+2|A3|2—2Re(A1A2+5A1A3—4A2A3)_

Wl

Kioa lo = %0

V6 ]

V3

Kioa0To = 75 |[A2f* + [As]* + 2Re(A1 45 — A1 A7),
1 -
K 1000 = 2 [| A1 + [ 42l + | Asf? + Re(— A1 A + A1 43 + A243)]

1 :
K= —15 [2|Al|2 = |Aof* — [As]” + Re(A1 A3 — A1 A5 + 24, 43) |,

w\%

Kg(%,Qfl Iy =
£
12

|12 4 [Aaf? — Re(A145 + A1 47)]

Ko Ty = Y2 [~ |42l + |4 + 2Re(A1 43 + 4143)),
_ V3
K120,%1 Iy = __{
K2 g Y3 C|Ag|? + |A3]? + 2Re(A AL + A AY)]
00,2—2 10 12 2 3 1 1 Ik
Al

Kl = )

|As|* — |A3]? + Re(A1 A5 + A1 AS) |,

|45]% — |As[? + Re(A1 A3 + A1 43)],

\/5 * * * T

K,  Io= 20 [=20A402 + |Asf? + [ A2 = Re(A1 45 — A1 45 + 245 43)]
K300 To = Y0141 AL 2 4 8 As]? + 3| As |2 + 2Re(Ay A5 — Ay A3 — 245 47)]
10,20 10 = 6() 1 2 3 € 143 243) |5

Re(A1 AL — Ay AS + Ay AL)]

41A1)? 4 |Ag)? — 5|A3]* + Re(5A1 A + A1 A% +4A5A35)|,

(A.1)

(A.2)

(A.3)
(A.4)
(A.5)
(A.6)
(A7)
(A.8)
(A.9)

(A.10)

(A.11)

(A.12)

(A.13)

(A.14)
(A.15)

(A.16)
(A.17)
(A.18)
(A.19)
(A.20)
(A.21)
(A.22)

(A.23)



V5
Kgg,lo Iy = 1_0

V30 ] " x

Kif oo fo = o= |1 A1[? = 2Re(2A1 A3 — 241 45 — A2.43)]
V30 . .

Kgé,l—l IQ = _W [|A1|2 - |A3|2 + Re(A1A2 + AgAg)} N

V5
30

[~ 1412 + Re(A145 — A1 A3 + A>43)]

K3 o0 To = [|Al|2 + 2| A3]? + 2Re(24; A% — AQAg)},

V10

K1311,20 Iy = _W

90A1|? + 3| Ao|? + | As|? + Re(2A1 A3 — 64, A% — 44, A%)]

K o1 0o = o [ A1 = [ Aa” = Re(A41 45 — Az 43)
Ve
12
%

K200 T = 22 |42 = [As? + Re(A1 A3 + 41 43)]

32 _
Ky o010 =

5 [l = [4]? = Re(A145 + A1 43)

1 *
K315 o To = =7 |42 + | Asf? 4+ 2Re(4:45)].

For the T-odd observabes we find
KW, T = i]m(—AlAz + ALAY),
iv/5

K118171 I() = %Im(AlAg — AlA;),

5
Kl Ty = i\l/—o—lm(AgA*{ FAZAT AR AY),
5
Kiji11o= —i\2/—0_Im(A2A’{ + 3A1 A% + 24, A3),

5
Koo lo = i\2/—O_Im(3A1A§ + A3 AT +2A5A3),

K3l Io = %m(zAlA; +ALAG + 245 A4),
— Z\/i * * *
Kiioolo = —TIW(A1A2 + A1 A3 + A3 A3),

3

1

KiisoTo = igIm(Ai A3 + A1 A5 — 4, 45),
1 . .

K12?,271 Iy = lzlm(AlAz — A A7),

6
KX = il—\/;lm(AgA*{ + Ag AT +24345),

3
K120_7§2 IQ = ’L%Im(AgAI + 143141F + AQA;),
V30

K%,l—l Ip=—i 30

V3 . . .
K a—2lo= Z%Im(AzAl + A3AT + Az A3Y),
K1311,10 = K§§,272-
In addition, we have

2-1 _
KiZ1 2 =0.

3

10

(A.24)
(A.25)
(A.26)

(A.27)

(A.28)
(A.29)
(A.30)

(A.31)

(A.32)
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