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Abstract: Optimal production of microalgae in photo-bioreactors (PBRs) largely depends on the
amount of light intensity received by individual algal cells, which is affected by several operational
and design factors. A key question is: which process parameters have the highest potential for the
optimization of biomass productivity? This can be analyzed by simulating the complex interplay of
PBR design, hydrodynamics, dynamic light exposure, and growth of algal cells. A workflow was
established comprising the simulation of hydrodynamics in a flat-panel PBR using computational
fluid dynamics, calculation of light irradiation inside the PBR, tracing the light exposure of individual
cells over time, and calculation the algal growth and biomass productivity based on this light
exposure. Different PBR designs leading to different flow profiles were compared, and operational
parameters such as air inlet flowrate, microalgal concentration, and incident light intensity were
varied to investigate their effect on PBR productivity. The design of internal structures and lighting
had a significant effect on biomass productivity, whereas air inlet flowrate had a minimal effect.
Microalgal concentration and incident light intensity controlled the amount of light intensity inside
the PBR, thereby significantly affecting the overall productivity. For detailed quantitative insight into
these dependencies, better parameterization of algal growth models is required.

Keywords: microalgae; computational fluid dynamics; particle tracing; growth modeling; biomass pro-
ductivity

1. Introduction

Sustainably produced biomass represents an important contribution for overcoming
the dependence of the economy on fossil resources and reducing the CO2 footprint [1–3].
For different applications, such as fuels, chemicals, and food, different strategies to generate
alternative biomass have been pursued, e.g., growing annual or perennial crops for biomass-
based energy and products [4,5], development of circular flows in agricultural production
systems by utilization of agricultural biomass residues [6,7], and algae cultivation for
high-value products [8,9]. Cultivation of microalgae is particularly interesting because
it not only generates biomass for a large number of products in various industries, but
is associated with additional benefits, such as CO2 capture and possible nutrient uptake
from wastewater [10–12]. In addition, microalgae do not need arable land, so they do not
directly compete with food crops for land usage. However, to develop their full potential
and increase the economic feasibility of algae cultivation, further process optimization is
needed [13]. Efficiency of algal cultivation is determined by a complex interplay of photo-
bioreactor (PBR) design and operation conditions. Among these parameters, the light
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available to individual microalgal cells is the most crucial parameter in determining their
photosynthetic efficiency. Loomba et al. (2018) [14,15] discussed in detail the calculation of
dynamic light exposure of individual algal cells in a flat-panel PBR and how it is affected
by the operational parameters of the PBR. This light exposure can further be used to
mathematically calculate the growth of individual cells and hence the productivity of
the PBR [16], which is thus affected by operational parameters and the design of the
PBR [17]. Operational parameters such as microalgal concentration determine the amount
of light intensity inside the PBR, whereas air flowrate controls the mixing of cells and
their light exposure, affecting the overall productivity of the PBR. The design of the
internal structures in the PBR also determines the flow profile of the liquid medium
and microalgal cells, thus affecting their light exposure [18]. Internal geometrical factors
include the position and size of inlet holes for air sparging, and the thickness, position,
and location of internal components, such as baffles and a middle plate (in the case of
an airlift PBR). Air inlet flowrates have been optimized for maximizing productivity by
analyzing the turbulence and mixing inside the PBR [18,19]. Other improvement efforts
concerned the internal structures of the PBR, such as baffles [20,21], bends [22,23], static
mixers [19,24], and bottom and top clearance and riser widths in airlift PBRs [25–27].
Most of these studies for improving the operational or design parameters involved flow
parameters, such as turbulent kinetic energy, mixing, and dead zone volumes. Some
studies have computationally calculated the growth rates of individual cells to optimize the
PBR performance (see Table 3 in Gao et al. (2018) [28], and [29]). Dynamic light exposure
has been shown to have no impact on algal growth if instantaneous growth models are
used [30–32]. Systematic studies of different operational parameters using dynamic growth
models that include the effect of the light history of individual cells are lacking.

In this study, the effect of several operational and design parameters on the produc-
tivity of a laboratory-scale flat panel PBR was computationally analyzed using a dynamic
growth model. Our working hypothesis was that the air inlet flowrates do not have a
significant effect on the productivity in contrast to parameters such as internal design,
incident light intensity, microalgal concentration, and light incident from different surfaces.
Computational fluid dynamics (CFD) was used as a tool to determine the flow profiles of
liquid and microalgal cells, which were further combined with independently calculated
light intensity profiles to obtain their dynamic light exposure. This was further used to
calculate growth rates of individual cells and PBR productivity (Figure 1).
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Figure 1. Schematic of workflow in the present study: liquid velocities obtained from CFD simula-

tions of a PBR enabled calculation of flow profiles of many individual algal cells by particle tracing, 

Figure 1. Schematic of workflow in the present study: liquid velocities obtained from CFD simulations of a PBR enabled
calculation of flow profiles of many individual algal cells by particle tracing, which together with independently calculated
light intensity profiles resulted in dynamic light exposure of individual algal cells. This was combined with growth
modeling to obtain insights into the dependence of biomass productivity on operational parameters.
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2. Materials and Methods
2.1. PBR Design

In this study, a standard flat panel PBR (Figure 2) was used as a reference (“Standard
Design”). It is a cuboidal-shaped vessel with dimensions of approx. 10 × 6 × 21 cm
(width × depth × height) and is typically filled with up to 1 L of fluid [33].
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Figure 2. Three-dimensional schematic of the flat panel PBR used as the standard in this study.

To study the effect of design parameters on the PBR productivity, two alternate designs
were considered: in “Alternate Design A”, the four gas inlet holes were moved from the
middle to a quarter of the distance from the wall along the depth of the PBR; in addition to
this, in “Alternate Design B” a plate was inserted in the middle to transform it into an airlift
PBR (Figure 3). In this case, as is typical in airlift PBRs, the region above the inlet holes is
called the “riser” and the region where liquid comes down is called the “downcomer”. The
selection of the two alternate designs was inspired by previous computational studies on
hydrodynamics and growth of algae in PBRs with different internal designs [32,34]. The
purpose of the alternate designs was to change the flow profiles of the water and microalgal
cells, such that the main movement is in a single loop along the depth, compared to the
Standard Design in which the liquid and cells move in two loops above the inlet [14,15]. At
high microalgal concentrations, the light/dark border is close to the wall of light incidence.
Hence, cells are expected to visit the light zone more frequently if they are moving in
one loop in the alternate designs, compared to the Standard Design, in which some cells
moving in loops in the back half of the PBR may not receive a large amount of light, leading
to a low productivity of the PBR.
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Figure 3. Schematic side view of the three photo-bioreactor designs investigated in this study: (a) Standard Design with gas
inlet tube in the middle; (b) Alternate Design A with inlet moved to front; (c) Alternate Design B with additional separating
plate. Green arrows indicate directions of main fluid movement, red bars show the positions of gas inlet tubes. The width of
all three reactors is 10 cm.

2.2. Simulations

Fluid dynamic simulations were performed to calculate the flow profiles of air and wa-
ter inside the PBR. Water velocities were further used to track the path of 10,000 randomly
distributed microalgal cells over a time of 100 s. All these simulations were performed
using the CFD module of COMSOL Multiphysics® v. 5.2a (COMSOL AB, Stockholm,
Sweden). The inlet pipe shown in Figure 2 was excluded to speed up the simulations.
Independently of the simulations, the light intensity profiles inside the different designs
were calculated by numerically solving the radiative transfer equation (RTE) for uniform
external incidence. These light intensity profiles were combined with individual cell paths
to obtain their dynamic light exposure. The complete process is explained in detail in
Loomba et al. (2018) [14,15]. Light exposure of individual cells was used to calculate
the productivity of the PBR. In addition to design parameters such as position of inlet
holes (Figure 3) and surface of light incidence, several operational parameters, such as air
inlet flowrate, microalgal concentration, and incident light intensity, were varied in the
simulations and their effect on the overall PBR productivity was analyzed.

The four different flowrates used in this study were 0.01, 0.25, 0.5, and 0.75 L/min.
These flowrates were chosen to compare the effect of low and high flowrates, i.e., flowrates
were varied in orders of magnitude and within the range of high flowrates. The values
0.25–0.75 L/min are in the same order of magnitude as those used in other numerical
and experimental studies of rectangular PBRs [32–35], whereas the value 0.01 L/min was
chosen to investigate the variation in productivity of the PBR for an extremely low flowrate.
Because microalgal concentration inside the PBR affects the light profile, calculations were
also performed at several microalgal concentrations, mainly in the range from 0.05 to
0.5 kg/m3; see Results and Discussion. High concentrations lead to high light absorption,
thus decreasing the light intensity available to cells far away from the incident light. Hence,
incident light intensities were also varied from 500 to 2500 µE/m2s to study their effect on
the overall PBR performance.
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2.3. Growth Rate and Productivity Modeling

Several mathematical models have been proposed in the literature to calculate microal-
gal growth based on the light intensity received by individual cells [16,36]. These models
include the effect of processes such as photosynthesis, respiration, and photo-inhibition. In
the current study, two of these models were selected and implemented, with and without
including the effect of the light history of the cells. The first model was proposed by
Aiba (1982) [37] and parameterized by Pruvost et al. (2008) [30] for the microalgal species
Chlamydomonas reinhardtii. It is an instantaneous or “steady state” model that does not
account for the light history of the cells. Photosynthesis, respiration, and photo-inhibition
are included in this model by:

µ =
µm I

KI + I + I2

KI I

− µs (1)

where µ is the specific growth rate, I is the instantaneous light intensity received by an
individual cell, µs is the respiration rate, and µm, KI , and KI I are constants. The two
terms on the right-hand side of Equation (1) describe the photosynthetic rate and the
respiration rate, respectively. The respiration rate is assumed to be independent of the
light intensity received by individual cells. A Michaelis-Menten type of description is used
for the photosynthetic rate, with an additional term (I2/KI I) included in the denominator
accounting for photo-inhibition.

The other model implemented in this study was proposed by Eilers and Peeters
(1988) [38], and includes the effect of the light history of individual cells. This model
defines all photosynthetic units (PSUs) in the cells to be in one of three states: ground
state (X1), excited state (X2), or damaged state (X3). PSUs change these states depending
on the amount of light intensity received. Figure 4 explains the dynamics between these
three states in a schematic diagram. The fractions of PSUs present in each of these states
are given by x1, x2, and x3. PSUs shift from the ground state X1 to the excited state X2 on
receiving light and can further reach the damaged state X3 by absorbing more light. PSUs in
state X2 can also fall back to X1 by utilizing light for photosynthesis via the photochemical
quenching process. PSUs in the state X3 can release excess light energy as heat, thereby
returning to X1. All chemical reactions taking place in the photosynthetic process are
lumped together in the photochemical quenching process. The maximum photosynthetic
rate occurs when all the cells are in state X2. Thus, fraction x2 is a measure of the ratio of
the photosynthetic rate to the maximum photosynthetic rate possible [39].
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The following equations describe the effect of light on the dynamics of the PSUs.

dx1

dt
= −k12 Ix1 + k21x2 + k31x3 (2)

dx2

dt
= k12 Ix1 − k21x2 − k23 Ix2 (3)

dx3

dt
= k23 Ix2 − k31x3 (4)

where k12, k21, k23, and k31 are constants. Because the total number of PSUs is constant, the
sum of all fractions in states X1, X2, and X3 must be 1. This is used as a constraint to solve
the above equations.

x1 + x2 + x3 = 1 (5)

In order to convert the photosynthetic rates into growth rates, fraction x2 is multiplied
by a conversion factor:

µ = kconvx2 − Me, (6)

where µ is the specific growth rate, kconv is the conversion factor, and Me is the maintenance
(or respiration) term for the microalgal cell.

This model has been parameterized by Wu and Merchuk (2001) [40], Zarmi et al.
(2013) [41], and Gao et al. (2017) [31] (Table 1). Wu and Merchuk (2001) [40] used experi-
mental data of the marine algae Porphyridium sp. to calculate the values of the constants;
Gao et al. (2017) [31] obtained the parameters from fitting experimental data for the growth
of Chlorella vulgaris; and Zarmi et al. (2013) [41] obtained the parameter values from a
comparison with existing PI curves without specifying the microalgal species.

Table 1. Coefficients for the three-state growth model estimated by Wu and Merchuk (2001) [40],
Zarmi et al. (2013) [41], and Gao et al. (2017) [31].

Coefficient Wu and Merchuk (2001) Zarmi et al. (2013) Gao et al. (2017)

k12 1.935 × 10−3 m2/µE 0.542 m2/µE 7.253 × 10−4 m2/µE
k21 0.146 s−1 70 s−1 9.485 × 10−3 s−1

k23 5.785 × 10−7 m2/µE 2.72 × 10−5 m2/µE 1.703 × 10−8 m2/µE
k31 4.796 × 10−4 s−1 0.1 s−1 9.968 × 10−6 s−1

There is a very high degree of uncertainty in the parameter values of Wu and Merchuk
(2001) [40], as shown by the 95% confidence intervals for all coefficients: some parameters
varied within 300–400% of the values in Table 1, whereas others had a variation of two to
three orders of magnitude. The certainty of the parameter values obtained by Zarmi et al.
(2013) [41] and Gao et al. (2017) [31] has not been reported.

Because of the vast differences and the high degree of uncertainty in the existing
parameterizations, in this study the parameter values were varied within a certain range.
To ensure compatibility with the steady state model, which contains three parameters
(Equation (1)), we chose different values of two parameters, k21 and k23, from the five
parameters of the dynamic model (Equations (2)–(6)), and calculated the remaining three
parameters of the dynamic model by comparison with the steady state model. All the
chosen values of k21 and k23 were within the 95% confidence intervals specified by Wu
and Merchuk (2001) [40]. The value of the respiration term proposed by Pruvost et al.
(2008) [30] was considered because it is independent of light intensity.

The growth rates determine the speed at which microalgal cells grow but do not
articulate the absolute biomass accumulation. Lower microalgal concentration is preferred
for high growth rates because high light intensities are available inside the PBR, but leads
to lower absolute biomass accumulation. To attain the optimal microalgal concentration
leading to maximal biomass accumulation, PBR productivity P, i.e., change in biomass per
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unit volume per unit time, was calculated from the specific growth rates by the following
relation [42]:

P = µCavg, (7)

where Cavg is the average microalgal concentration during the time step. The total simulated
time was 100 s, during which time there was no significant change in concentration.
Therefore, concentration was assumed to be constant during the simulations.

3. Results and Discussion
3.1. Fluid Characteristics

There is a clear difference between the flow characteristics of the Standard Design
and those of the two Alternate Designs for an air inlet flowrate of 0.5 L/min (Figure 5).
Overall, the fluid carrying microalgal cells moved in two loops along the depth of the PBR
in the Standard Design, and in a single big loop in both of the Alternate Designs. The
presence of the central separating plate in Alternate Design B marks the clear division
between a highly turbulent riser region and a laminar downcomer region, where almost
no bubbles were present. The highest water velocity, bubble-induced turbulence, and air
volume fraction were noted in the regions above the inlet holes, which were the central
region in the Standard Design and the region near the front wall in both of the Alternate
Designs. Because turbulence was highest in these regions, mixing was also intense. The
profiles of velocity and turbulent kinetic energy were similar to the results from previous
studies of rectangular PBRs with larger volumes [21,24,34]. Here and in the following,
we call the surface near the inlets in the Alternate Designs the “front wall”, whereas the
surface distant from the inlets is termed the “back wall”.

3.2. Light/Dark Patterns

The light exposure of individual cells was investigated by combining the simulated
particle traces and the calculated light intensity profiles. This was used to analyze the
duration continuously spent by cells in the light and dark zones, respectively. Cells staying
in the dark zone continuously for a long time are undesirable because they may consume
stored nutrients, leading to a possible loss of biomass. Here, the dark zone was defined
as the region where the light intensity was lower than the compensation point, i.e., a
light intensity at which the specific growth rate is zero. The position of the light/dark
(L/D) border was calculated from Equation (1). The light zone extended only to a few
millimeters or centimeters for moderate and high microalgal concentrations (>0.5 kg/m3),
and a moderately high light intensity (1000 µE/m2s) incident on one surface of the PBR.
Under these conditions, cells moving in a loop at the back of the PBR do not receive light,
whereas the single loop in both Alternate Designs leads to more frequent visits to the light
zone, which is expected to have a beneficial effect on productivity.
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vectors, (2) turbulent kinetic energy, and (3) air volume fraction.

The distributions of the durations continuously spent in the dark zone by 10,000 cells
are shown in Figure 6 as histograms for the different designs. A total light intensity of
1000 µE/m2s was incident from either one or both sides of the PBR. The total simulated
time was 100 s, and a constant microalgal concentration of 0.5 kg/m3 was assumed. Each
entry in the histogram corresponds to one visit of a microalgal cell to the dark zone; thus,
single cells can have multiple entries in the histogram. We chose this analysis of L/D cycles
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in the time domain, previously used by [24,43], rather than a frequency analysis, because
its results can be directly related to dynamic growth modeling.
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Figure 6. Time continuously spent in the dark zone by microalgal cells for three PBR designs and light
incident from the turbulent side (front wall), laminar side (back wall), and both sides. Parameters
used in the simulation were air flowrate of 0.5 L/min, concentration of 0.5 kg/m3, and total incident
intensity of 1000 µE/m2s.

In the Standard Design with its symmetric flow profile along the depth, the overall
L/D patterns (Figure 6) confirmed that changing the light incidence from the front to the
back wall had no effect. This was different in the case of the Alternate Designs, where
the flow profiles are not symmetric. Here, the L/D border was in the turbulent region for
the case of light incident from the front wall, approximately at a quarter distance from
the incident surface. Compared to the Standard Design, there were more entries in the
range of 0 to 5 s and fewer entries corresponding to higher times (>30 s), because the cells
moved frequently between the light and the dark zones. For the case of light incident from
the back wall, there were more entries in the range of high times (>30 s) in both Alternate
Designs A and B. Almost 40% of the total cells in the Standard Design stayed in the dark
zone for all of the simulated time of 100 s. The number of cells remaining in the dark all
the time was reduced in the Alternate Designs A and B to an insignificant number, i.e., less
than 0.2% of the total number of cells. Some of these cells were stuck in a small circulation
that formed near the central plate at the top of the downcomer region. The difference in
the L/D patterns of the individual cells between the designs was quantified by summing
the entries of the distribution tail at longer durations between 30 and 99 s (Table 2). As
expected, this sum was almost the same in the Standard Design for light incident from
the front and back walls, but dropped considerably in the Alternate Designs, reaching a
minimum for Alternate Design B with light incident from the front.
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Table 2. Characteristics of durations continuously spent in dark zones for different designs and light incidence from
different sides. Simulations were performed with an air flowrate of 0.5 L/min, concentration of 0.5 kg/m3, and total incident
intensity of 1000 µE/m2s.

PBR Design Standard Design Alternate Design A Alternate Design B

Light Incidence Front Back Both Front Back Both Front Back Both

No. of cells spending 100 s in dark 3843 3797 1 0 0 0 11 16 13
No. of entries 30 to 99 s 1823 1796 541 974 1278 1115 79 1105 130
Maximum time spent in dark zone (s) - - 53 65 73 71 25 64 33

L/D patterns were also calculated for light of the same total intensity but incident
from both walls of the PBR (i.e., an equal intensity of 500 µE/m2s incident from each side
simultaneously). This increased the extent of the light zone to 2.7 cm (1.35 cm from each
side) compared to approx. 1.6 cm for light incidence from one side, always at a microalgal
concentration of 0.5 kg/m3. As light entered from both sides, cells moving in the back
loop in the Standard Design also received light, leading to almost zero cells staying in
the dark zone all the time (Figure 6 and Table 2), and significantly reducing the tail of
the distribution (Table 2). In the Alternate Designs, light incident from both sides led to
more entries in the range of 0 to 5 s, but did not reduce the distribution tails compared to
incidence from the front wall (Table 2). Independent of the light incidence, the number of
very short durations spent in the dark increased in the alternate design compared to the
Standard Design. This is consistent with findings by Huang et al. (2014) [24], who showed
that inserts reducing the loop size led to a narrowing of the distribution of L/D cycles
compared to the Standard Design.

To obtain a proxy for the maximum time continuously spent by microalgal cells in the
dark zone, exponential trend lines (i.e., straight lines in the logarithmic scale) were fitted
to the histograms of Figure 6 for durations >20 s, and the intercepts of these lines with
the time axis (at number of entries = 1) were calculated. This fitting was not possible for
the Standard Design and single side incidence because the maximum time continuously
spent in the dark zone tail was much higher than 100 s in these cases. The calculated
values for the other cases (Table 2) confirmed that the maximum time spent in the dark by
individual cells can be reduced by changing the interior design and thus the flow profile of
the PBR. The lower maximum time for Alternate Design B compared to Alternate Design
A was likely caused by the better directional flow of microalgal cells due to the presence
of a central plate. Similar to the distribution tails, the maximum time spent in the dark
zone was affected by light incidence from both sides, particularly in the Standard Design
(Table 2). In summary, L/D patterns in the Standard Design were significantly improved
by changing the light incidence from one side to both sides, whereas the Alternate Designs
did not benefit from this illumination strategy. Independent of light incidence, Alternate
Design B showed the most promising L/D patterns.

The quantitative results of Table 2 and Figure 6 clearly are valid for the applied
parameter set only. However, the results are illustrative and representative, because the
trends and underlying mechanisms also hold for other values of the operational parameters
that might lead to different positions of the L/D border.

3.3. Biomass Productivity

The dynamic light exposure of all 10,000 cells was used to calculate the specific growth
rates of individual cells using both steady state and dynamic models (Equations (1)–(6)).
Higher light intensities experienced by individual cells obviously lead to higher specific
growth rates, but very high incident light intensities are fatal for microalgal cells near the
incident surface. At low microalgal concentrations, light penetrates deeper into the PBR
leading to high specific growth rates, but absolute biomass accumulation is low. Therefore,
biomass productivity, i.e., rate of change of mass per unit time per unit volume of the
solution, was calculated according to Equation (7) and used as a measure of the PBR
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performance. When the light history is not accounted for, maximum productivity occurs at
a microalgal concentration at which the L/D border is exactly at the back wall, such that
the entire PBR is in the light zone and no light exits, regardless of the air inlet flowrate
or interior design, and productivity is only determined by the light path length [44]. For
a lower microalgal concentration, light leaves the PBR at the back; thus, not all energy
irradiated is utilized by microalgal cells. In contrast, for higher microalgal concentrations,
some portion of the PBR is in the dark, leading to lower productivity. The height and
position of the productivity maximum depends non-linearly on the incident light intensity
(Figure 7). The shape of these curves fits very well to previous experimental results [45,46].
The concentration at which productivity was maximal increased with increasing incident
light intensities because the criterion “light zone extending to the back surface of the PBR”
occurred at higher microalgal concentrations. However, the gain in maximum productivity
decreased with increasing incident light due to increasing photo-inhibition rates near the
incident surface. At very low concentrations (<0.05 kg/m3), there was an excess of light
throughout the PBR, so that very high incident light (>2000 µE/m2s) even led to a small
reduction of biomass productivity due to a high rate of photo-inhibition (Figure 7). Thus,
very high incident light intensities cannot be expected to contribute to a further increase in
productivity.
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Figure 7. Biomass productivity varying with algal concentration and incident light intensity I0

[µE/m2s] for air inlet flowrate of 0.5 L/min, using the steady state growth model and the Standard
Design of the PBR.

Biomass productivity may be potentially affected by the air inlet flowrate of the
PBR, if a varying degree of mixing changes the dynamic light exposure of the algal cells.
As theoretically postulated and seen in other simulation studies [30,32], no such effect
can be observed if calculating biomass productivity with the steady state growth model
(Figure 8b), because this model does not take into account the light history of individual
cells. Using a certain parameterization of the dynamic growth model, the productivity
increased with a change from a very low (0.01 L/min) to a high (0.5 L/min) air inlet flowrate
because of higher mixing (Figure 8a). However, changing the air flowrate by 50% around
the value of 0.5 L/min had only a minimal effect on mixing, and hence an insignificant
effect on productivity (Figure 8a). This result is similar to the findings of Olivieri et al.
(2015) [39], who observed that the photosynthetic rate as a function of concentration does
not increase over a certain limit with increasing turbulent diffusivity.
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Figure 8. Biomass productivity in the Standard Design PBR at various microalgal concentrations and air flowrates, calculated
using (a) the dynamic growth model with parameters k21 = 0.1 s−1, k23 = 10−4 m2/µE; and (b) the steady state growth
model.

Altering the internal design of the PBR changed the dynamic light exposure of the
microalgal cells by affecting their flow patterns. Durations continuously spent in the dark
zone were greatly reduced in the Alternate Designs compared to the Standard Design
(Figure 6). In the steady state growth model, this had a negligible effect on biomass
productivity (upper row of Figure 9), because all cells on average absorbed the same total
light intensity, and growth was calculated based solely on the instantaneous light intensity.
However, taking the light history of the individual cells into account by applying the
dynamic growth model, the productivity was much higher for the Alternate Designs than
for the Standard Design at all microalgal concentrations (lower row of Figure 9).
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Figure 9. Biomass productivity at different microalgal concentrations for different light incidence schemes, different
growth models, and different reactor designs. The parameter values used in the dynamic model were k21 = 0.1 s−1 and
k23 = 10−4 m2/µE, air inlet flowrate was 0.5 L/min, and incident light intensity was 1000 µE/m2s.

In conclusion, the microalgal concentration, interior design of the PBR, and light
incident from both sides can be major factors in determining the productivity because they
have an impact on the position of the L/D border and/or the dynamic light exposure.

Productivity is also affected by the parametrization of the dynamic growth model, i.e.,
the values of the two free parameters k21 and k23 (Figure 10). k21 is crucial because it deter-
mines the rate of the photosynthetic process. A low value of k21 signifies a slow process
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and thus a prominent effect of the light history. Such a low value was used in Figures 8
and 9 to demonstrate the impact of the light history of individual cells. With increasing
k21, a vanishing effect of light history led to a decrease in the biomass productivity of the
PBR, and the result of the dynamic growth model approached the result of the steady
state model (Figure 10a). k23 accounts for the photo-inhibition process, and therefore did
not affect the shape of the productivity curve but shifted it along the productivity axis
(Figure 10b). Biomass productivity decreased on increasing the value of k23 because of
a faster photo-inhibition process, which more quickly damaged the cells. These effects
occurred only when varying the parameters in orders of magnitude. Varying the values of
these parameters within a 50% range around a preset value did not affect the productivity
curve much. Nonetheless, a better parameterization of the dynamic growth model used
here, or an overall more detailed growth model, would be needed if a rigorous quantifi-
cation of the relationship between biomass productivity and operational parameters is
desired. Potentially, the workflow presented here could be used to improve growth model
parameterization by inverse modeling.
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Figure 10. Effect of growth model parameters on biomass productivity of the PBR, depending on microalgal concentration,
for Alternate Design A: (a) varying k21 at k23 = 10−4 m2/µE; (b) varying k23 at k21 = 0.1 s−1. Air inlet flowrate was 0.5 L/min
and incident light intensity was 1000 µE/m2s.

4. Conclusions

Several parameters affecting the overall biomass productivity of a standard laboratory
PBR were systematically studied in silico. Operational parameters such as air inlet flowrate
and growth kinetic parameters only affected the productivity if they were varied in orders of
magnitude, whereas a 50% change in their values did not severely change the productivity.
In contrast, design parameters such as the interior design and the light incident style
strongly affected the productivity. Microalgal concentration and incident light intensities
are interdependent parameters whose values significantly affected the productivity. A
more reliable parameterization of dynamic algal growth modeling would help to better
quantify these results.
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